Name:

Final Exam — MAC 2312 — Fall 2021

Directions: For the multiple choice part make sure you clearly label your answer. Also, be sure to include your
work as I might give partial credit. On the free response part make sure to show all necessary work to receive full
credit. If you need extra space please use the extra blank sheets with appropriate labeling.

1. Evaluate the following integral.

1
/x2—4:c—|—8 du

1 1 1 1
(A) §1n|1;—4|—|—§1n\m+2| +C (B) 51n\x—4| +§ln|x—2\ +C
1 -2 -2
(©) 3 arctan(m )+ C (D) arctan(x )+C
1 1
(E) 51n\x+4| - §1n|1:—22|—|—0
1
2. The coefficient of z* in the Maclaurin series for = ———1is
0=
3 3 3 3
A) -= B) - D) = E) —
w-:  ®:  ©0 O ®
3. Which of the following series converges conditionally?
= 1 i 1 i 1) 1
LY (-1)"— Iy (1) — I11. ~1)"—
n=1 \/ﬁ n=1 Inn n=1 n
(A) I. only (B) I. and II. only (C) II1. only (D) II. only
(E) II. and III. only (F) I. and III. only (G) I, I, and IIL

4. The area of the region bounded by the curves y = 2z and y = 22 is

5. Find the volume of the solid obtained by rotating the region bounded by y = 2 — 22 and y = 0
about the line x = —1.
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6. Evaluate the following integral / V9 — 22 dx.
0

3T I 5 I
Wz ®a (O )= (®)9n
= 1 1
7. Find the sum —
> (s
wW: ®L  ©F O  ®1

(A7 (B) o0 (C)o (D) % (E) e™ (F) diverges and not to oo

9. The area between the graphs of y = 22 and y = 2z is revolved around the y-axis. If the method
of cylindrical shells is used, the integral representing the volume of the resulting solid is

4 4
(A) /0 omx(zt — 42?) da (B) /0 2nz(x? — 2z) dx
(@) /0 21z (2 — x?) dx (D) /0 m(xt — 42?) dx

(E) /0 21 (x + 1)(2? — 2x) dx

10. Find the interval of convergence for the Taylor series Z 3—'(:r —5)".
n!
n=1
(4) (-3.3) (B) (65— 5,5+ 5) (© (5-55+5]
33 3’ 3 3’ 3
1 1
(D) (5 5,5+ 3) (B) (~00,0)



11.

12.

13.

14.

15.

16.

What does the integral dx become after a trigonometric substitution?

22
/ Va2 +25

(A) 25/(‘58&12 0)(secH) do (B) 5/(tan2 0)(sech) do (C) 25/sin29 de
tan? 0 tan?
(D) 25/ p—— do (E) 5/ p—y do
. . L= (z—3)"
Find the interval of convergence for the Taylor series Z —an
= n 3n
(A) [2,4] (B) (=3,3) (€) (=00, 00) (D) [0,6] (E) (0,6)

Which of the following are true?
I. If a series absolutely converges, then it converges.
II. If a series converges, then it absolutely converges.
III. If a series diverges, then it cannot converge conditionally.

(A) Only L (B) Only II. (C) Only I. and II.
(D) Only II. and III. ~ (E) Ounly I. and IIT. (F) I, II., and III.

The base of a solid is the region in the plane above the z-axis and below the curve y = v/1 — x2.

The cross sections of the solid perpendicular to the z-axis axis are squares. Find the volume of
the solid.

8 4 2 ™ s
A) = B) - — D) — E) —
@Ws ®F ©; O  (®]
/me%dx =
xe?m 2x erz e?m erz 2x
A - — B — —
()2 4+C ()2 2+C (C)2+ +C
2 2x
(D) 2ze®® — 4e** 4 C (E) ¢ 4o

The region bounded by y = e®, y = 1, and z = 2 is revolved about the z-axis. If the washer
method is used, the volume of the solid generated is given by the integral

2 2 2
(A) 7r/0 e* dx (B) 27r/1 (1—e¢") dz (C) W/O (e* —1) dx

2 2
(D) 7T/0 (e® —1)% dz (E) 7T/0 (1 —e*) dx



oo
1
17. Compute the sum Z

— 3n
1 3 1
Wr B ©F Dy (B
18. Compute /—9x cos(bx) dx.
9 9 9 .
(A) —3 cos(bx) — =% sin(bx) + C (B) —x cos(5x) — 9x sin(5z) + C
(©) _3 cos(bzx) — gsin(5:c) +C (D) _d cos(bx) — gx sin(bx) + C
25 5 ) 5
(E) = cos(5z) — 2asin(5z) + C
5e €08(52) — pwsin(5z
19. Find the limit:
n—oo ‘2n + 1
Wt B QP De (Bt (F)e

< d
20. If / —a; converges, then which of the following must be true?
1T

(A) Zl > diverges (B) Zl % diverges
— 1 — 1

(®) zzl =3 converges (D) Z =1 converges
n= n=1

o0
1
(E) E o7 converges
n
n=1

oo
21. Suppose the series Zanx" converges for all z. What is f/(1)?

n=0

(a) ag (b) a; (c) 0 (d) Y nay (€) Y nap™
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1

22. Find the arc length of the curve y = % + 12 over the closed interval [2,3]. [Hint: complete the
x

square.]

23. Let f(x) = xcos(z?). Compute the second degree Taylor polynomial P (z) centered at z = 0.
[Hint: Compute f'(z), f"(x).]



24. Compute the improper integral. [Hint: Consider a trig sub and a trig identity.]

o0 1
——— d
/1 2@ +1)

25. Use Partial Fractions to find the indefinite integral

/ 2z — 2
(x+1)(x—2)



26. Determine whether each of the following series converges or diverges. Circle your answer.

e en 00 3n
a. Z T converges / diverges g. ZW converges / diverges
n=1 n=1
= =1
b. converges / diverges h. converges / diverges
Z(2n)! nverges / diverg annn ges / &
n=1 n=1
oo n2 o0 n n
. di i. converges / diverges
c Z o) converges / diverges i Z <2n — 1) ges / g
n=1 n=1
oo n
= nl j n converges / diverges
d. Z:—n converges / diverges I —\n +1
n=1

> 1.3-5...(2 1
k.2135 (2n+1)

= /6\" conv / div
e. E <7) converges / diverges ~ 2:5--(3n—1) /
n=1
>, /2m\? L. EOO (=" converges / diverges
f. E () converges / diverges — "
nm n=



27. The Maclaurin series for a function f(x) is given by
oo -1 n+13n—1
()it

2

n=1
(a) Use the Ratio Test to find the radius of convergence of f(x).
(

)

b) Find the Interval of Convergence of the power series.

(c) Write the first three nonzero terms and the general term for the Maclaurin series for f/(z).
)

(d) What is the interval of convergence for f(x).
1— f'(x)

lim ———.
(e) Compute lim .



(o)
1
28. (Extra Credit) Which is (most) true? The series E n—: is
n
n=1
A b i ith L
(A) convergent by comparison wit E 3
n=1
. , o 1
(B) divergent by comparison with E,l o2

— 1
(C) divergent by comparison with Z —.
n

n=1

o0
1
(D) convergent by comparison with Z —.
n=1 n

(E) convergent by integral test

29. (Extra Credit) Which of the following is a power series expansion for 12
—x

(o)
(A)> e =142"+a* +a5+25+ -

n=0

B) 30— a4

n=0

(€)Y (n+1)a"? = 2?4+ 227 + 32* + 42° + - -

n=0

(o]

n=0

(E) Z(_l)n$2(n+1) — .’IJ2 _ 1L'4 —I—(EG _ :US 4o

n=0

30. (Extra Credit) Find the radius of convergence and interval of convergence of the following

e 5 3n
power series. Z %

n=1
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Formulas
(a) 1 —ix” I=(-1,1)
1—z _n:O o ’
xr . xn
(b)ezzn',f (—00,00)
n=0

> (_1)nx2n+1

(c) sinz = ZW, I = (—00,00)

n=0

> nm2n
(d) cosz = Z ((12)71)'; I = (—00,00)
n=0 :

n+1 n

() In(1+z) = i I=(-1,1]

(_1)nx2n+1

(f) arctanx = Z o1 1

n=

(8) (1+2) = i_oj (;)x”; I=(-11)

; I =1[-1,1]

T
= arcsin — + C
a

h) /73j
V& — a2
. dx
0 [ 575 -
l sec™! z +C

@/m:a .

1
— arctan z +C
a a

Trig Substitutions:

-1

d
k) — ‘eCh_l = ——
W e 0=

Q) /cscx dr =—cotz+C

(m) /secx dx =In|secx + tanzx| + C

1
(n) /sec3x dx = §(In|secx+tana:| +tanzsecx)+ C

(o) /tan:r dx =1In|secx|+ C

) [udv=uo [vau

: 2 . 1—cos(2z) 2 . 1l4cos(2z)
(q) sin“z = —== cos?z = —5—*

(r) cos?z +sin*z =1 1+tan’z =sec’x

(s) sin(x + y) = sinxz cosy + cosx siny

(t) cos(x 4+ y) = coszcosy —sinxsiny

(u) sin(26) = 2sinf cosd

(v) cos(20) =1 — 2sin? 6

W) ( ) r(r—1)(r— 2)' ‘(r—m+1)

(x) coshz = % % coshz = sinh x
(y) sinhz = i 4 sinhz = coshz

i. Use x = asin @ for expressions with Va2 — 2
ii. Use x = atan@ for expressions with va? 4 2
iii. Use & = asec@ for expressions with v/z2 — a2
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Volumes and Surface Areas:

b b
(a) Cross-sections: / A(x) dx (d) Disc/Washer: / m(f(z)? — g(z)?) dz

b
(b) Cylindrical Shells: / 2rxf(x) dx b
¢ (e) Lateral Surface Area: / 2rnf(x)\/1+ f'(z)? dz

a

b
(c) Arc length: / V14 fi(x)? dx



